
This article has been accepted for inclusion in a future issue of this journal. Content is final as presented, with the exception of pagination.

IEEE TRANSACTIONS ON CONTROL SYSTEMS TECHNOLOGY 1

Video-Rate Non-Raster AFM Imaging
With Cycloid Trajectory

Nastaran Nikooienejad , Afshin Alipour, Mohammad Maroufi , and S. O. Reza Moheimani

Abstract— We demonstrate the application of the internal
model principle in tracking a sequential cycloid trajectory to
achieve video-rate atomic force microscope (AFM) imaging.
To generate a sequential cycloid pattern, one axis of the
nanopositioner traces a sinusoidal signal superimposed on a
slow triangular wave. Discontinuities at turning points induce
large peaks in the steady-state tracking error. To address this
issue, a smooth trajectory is designed to reduce the magnitude
of error by 60 nm compared with the triangular wave. This
trajectory reduces the magnitude of error 10 times. The tracking
controller includes the dynamics of the harmonic waveforms
and the ramp signal as well as higher order harmonics of the
scanning frequency, and an integrator to cope with the system
nonlinearities at low frequencies. We perform experiments
on a two degree of freedom microelectromechanical system
nanopositioner at various scanning frequencies ranging from
500 to 2580 Hz within a scan area of 5 µm × 10 µm. The
root-mean-square value of tracking error remains below 6.1 nm
with a pitch size of 44.2 nm. We acquire time-lapse AFM images
in contact mode at scan rates as high as 20 frames per second.

Index Terms— Atomic force microscope (AFM), cycloid scan,
internal model principle, nanopositioning, video rate.

I. INTRODUCTION

IN RECENT years, we have observed a flurry of efforts to
develop video-rate atomic force microscopy techniques to

facilitate the study of observation of dynamic samples [1]–[4].
The conventional method of scanning in commercial atomic
force microscopes (AFMs) is raster scanning whereby a lateral
axis of the nanopositioner follows a triangular signal while the
other axis tracks a ramp or a staircase signal [5]. Employing
the raster trajectory, however, limits the achievable scan speed
of the AFM. Since a triangular signal contains all the odd
harmonics of its fundamental frequency, accurate tracking
of a fast raster pattern is challenging due to the limited
mechanical bandwidth and the highly resonant nature of the
AFM nanopositioners. To avoid these complications, the raster
frequency is often restricted to 1%–10% of the first resonance
frequency of the scanner [6].
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In order to increase the imaging speed of the AFM,
a number of approaches have been proposed. These range
from using fast nanopositoners [7] and novel non-raster
trajectories [8]–[10] to developing and incorporating high-
bandwidth AFM cantilevers [11]. A review of recent devel-
opments in high-speed AFM imaging can be found in [4].
An important approach to increasing imaging speed in the
AFM is to apply non-raster scan methods such as Lissajous
[8], [12], [13], spiral [9], [14], and cycloid [10] which
are based on harmonic waveforms. In the Lissajous pattern,
the orthogonal axes of the nanopositioner are drived by sinu-
soidal references with fixed amplitude and slightly different
frequency or phase. This trajectory makes the design of the
controllers less challenging as the nanopositioner tracks nar-
rowband sinusoidal references. However, this pattern retraces
itself during one frame of the scan. The spiral method
also employs sinusoidal references with varying amplitude
in both axes. It can be implemented in constant angular
velocity (CAV) with a fixed frequency [14] and constant linear
velocity (CLV) [15], in which the frequency is progressively
changed to maintain a constant velocity. Controller design
for the latter method has proved to be challenging [15],
[16]. The cycloid pattern utilizes sinusoidal references with
a constant amplitude and frequency while the reference in
one axis is superimposed on a slow ramp signal. Unlike the
Lissajous method, this pattern displays only a progressive
motion. Since the tracking amplitude and frequency are both
constant, this method results in a more straightforward control
design problem compared with the spiral pattern. In addition to
imaging a complete frame, the cycloid method can potentially
be implemented as part of feature tracking techniques for local
imaging of string-like samples [17].

To achieve video-rate imaging, high-speed sequential scans
of the sample are required. With cycloid and spiral patterns,
the nanopositioner needs to move back and forth during
sequential scans leading to inevitable discontinuities in the
reference signal. These discontinuities can degrade the track-
ing performance of the nanopositioner and ultimately reduce
the quality of AFM images. To address this problem, ampli-
tude modulated waveforms are proposed and implemented for
sequential spiral scanning in [18]. However, application of this
method to cycloid scanning for video-rate AFM has not been
reported yet.

Video-rate AFM requires high-bandwidth nanopositioning
[19]–[22]. Microelectromechanical system (MEMS) nanoposi-
tioners are being investigated as promising alternatives to the
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macroscale scanners for use in atomic force microscopy [23].
In [24], a high-bandwidth parallel kinematic MEMS nanoposi-
tioner is designed and tested as the scanning stage of an AFM.
A two degree of freedom (2-DOF) serial kinematic MEMS
nanopositioner is proposed in [25] featuring fast and slow axes
with the resonance frequencies of 4.4 and 2.4 kHz, respec-
tively. AFM imaging using spiral and Lissajous patterns are
also demonstrated on MEMS nanopositioners in [14] and [26],
respectively.

To achieve high-performance tracking of non-raster scan
patterns, a number of control schemes have been developed.
Model predictive controller (MPC) reported in [27] and the
linear quadratic regulator (LQG) method in [28]–[30] are
employed to track a spiral pattern. In [31], the phase-locked
loop-based integral control scheme is presented to compensate
the phase error between the displacements of two lateral
axes in the tracking of the CAV spiral pattern. A Kalman
filter-based controller is designed in [32] to track the Lissajous
pattern at various frequencies ranging from 100 Hz to 5 kHz.
Another control scheme is based on the internal model prin-
ciple, which includes the dynamics of the reference signal
to achieve asymptotically zero steady-state tracking error.
This controller is an efficient method for tracking constant,
ramp, and harmonic signals [33]. In addition, it allows to
reject disturbances by augmenting their dynamics into the
controller. In nanopositioning applications, the objective is to
reduce the magnitude of the sensor noise, which is projected
onto the output displacement of the nanopositioner, by limit-
ing the closed-loop bandwidth while accurately tracking the
reference signal [8]. Internal-model-based control can meet
such requirements and was previously employed to implement
a number of non-raster trajectories. Tracking Lissajous pattern
in [8] and [26] and spiral trajectory in [14] are among the
examples of such implementations.

In comparison to other control design methods such as
LQG and MPC, the design and implementation of the internal-
model-based controller are straightforward and intuitive. The
MPC is computationally intensive, particularly when applied
to video-rate imaging in the AFM. Furthermore, the perfor-
mance of the LQG and the approximate internal model control
in the tracking of the CLV spiral has been compared in [16]
and the results show that the approximate internal model
control outperforms the LQG method.

In this paper, video-rate AFM imaging is attempted in
contact mode by employing the sequential cycloid scanning
method. A 2-DOF MEMS nanopositioner, whose design and
characterization are previously presented in [34] by our group,
is used here as an in-plane scanner. A damping controller
plus tracking controller are designed and implemented to
augment damping and improve tracking performance of the
nanopositioner. Furthermore, we take advantage of a method
to shape the triangular signal to reduce the peak of tracking
error during sequential scanning.

The rest of this paper continues as follows. The MEMS
nanopositioner, its structure and characteristics are described
in Section II. The cycloid pattern for sequential imaging is
presented in Section III. Section IV details the controller
design and reports the experimental outcomes. The results of

AFM imaging at the highest rate of 20 fps are presented in
Section V. Section VI concludes this paper.

II. MEMS NANOPOSITIONER

In this section, the structure of the MEMS nanopositioner,
its characterization, and the inner loop damping controller are
presented. The scanning electron microscope (SEM) image
of the 2-DOF MEMS nanopositioner used in this paper is
shown in Fig. 1(a). The device comprises a scan table with
the dimensions of 1.8 mm × 1.8 mm located at the center
within a parallel kinematic mechanism allowing the stage to
displace along the x- and y-axes. Electrostatic actuators are
incorporated on each side to actuate the scan table back and
forth along both axes. The force produced by the actuators is
transferred to the stage via a shuttle beam and eight tethering
beams as shown in the close-up view in Fig. 1(a). As a part of
the suspension system along both axes, folded beam springs
are designed and implemented. The device is fabricated from
the standard SOIMUMPs microfabrication process [35]. Dur-
ing this process, the MEMS device is fabricated using a
silicon-on-insulator wafer with 25 μm-thick single device
layer from single-crystal silicon. The top surface of the device
layer is n-doped at the beginning of the fabrication process.
Patterning of the device layer is performed using deep reactive
ion etching to realize the device mechanical structure. The
device is then released by back-side etching of the substrate
and buried oxide layer using dry and wet etch processes.
Square-shaped gold features are also fabricated on the stage
as shown in the close-up view in Fig. 1(a). These features
are later used as reference patterns throughout the imaging
experiments. Further details on the MEMS nanopositioner
design and characterization are presented in [34].

A. Piezoresistive Displacement Sensor

In order to measure the displacement of the stage, bulk
piezoresistive sensors are incorporated as shown in the
close-up view in Fig. 1(a). The sensing mechanism is realized
by using two pairs of slightly slanted silicon beams. These
beams are anchored at one end and connected to the shuttle
beam on the other. The other pair is covered with gold and
connected to the electrical ground. As shown schematically
in Fig. 1(b), through the horizontal motion of the shuttle beam,
one tilted beam experiences axial compressive force, while
the axial force along the other beam is tensile. Therefore,
due to the piezoresistivity of the silicon, the electrical resis-
tance of the tilted beams varies in opposite directions during
the shuttle beam motion. The resistance variations are then
converted to a voltage using a Wheatstone half-bridge and
differentially amplified. Since this sensing mechanism relies
on the bulk piezoresistivity of silicon, it eliminates the need for
realization of highly doped regions on the mechanical flexures
reducing the fabrication complexity and cost. The modeling
and characterization of these sensors are further detailed
in [23], [34], and [36].

B. Characterization

The MEMS device is characterized along both axes in time
and frequency domains by implementing a linear actuation
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Fig. 1. (a) SEM image of the MEMS nanopositioner with the close-up views show various parts of the device. The scan table at the center has the dimensions
of 1.8 mm × 1.8 mm. The dimensions of the square-shaped gold patterns on the stage are shown in the close-up view. (b) Schematic of the piezoresistive
sensor while the shuttle beam undergoes a rectilinear displacement. The electrical resistance of the tilted beams and the external resistors R1 and R2 construct
a Wheatstone half-bridge configuration. Here, the vertical length of the piezoresistive beams is 1 mm, δ = 0.86◦ , and R1,2 ∼ 560 �.

Fig. 2. Frequency response of the MEMS device along the orthogonal axes
are compared in open loop and with the damping loop.

mechanism [24], [34]. During the characterization, the scan
table displacement is obtained using a Polytec MSA-100-3D
micro system analyzer. The device shows a displacement range
up to 15 μm along both axes. In the time domain, a linear
correlation is observed between the actuation voltage, the dis-
placement of the scan table, and the corresponding sensors’
output. These experimental data enabled us to calibrate the
piezoresistive sensor. The calibration factors of 0.234 and
0.224 V/μm are obtained for the x- and y-axes, respectively.

The frequency response of the scan table along both axes is
obtained by actuating the device using a wideband chirp signal
and recording the sensors output. As shown in Fig. 2, the first

resonance frequencies of the device are located at 3.9 and
3.8 kHz for the x- and y-axes, respectively. Resolution of
the piezoresistive sensors is determined within the bandwidth
of 30 kHz. Initially, their output noise is recorded with
the sampling frequency of 62.5 kHz while an antialiasing
filter (Stanford research SR650 low-noise filter) with a cutoff
frequency of 30 kHz is also used in the path. Then, the sen-
sors calibration factors are used to convert their root-mean-
square (rms) noise to displacement. The 1-σ resolution of
the sensors is obtained as 2.2 and 2.3 nm for the x- and
y-axes, respectively.

C. Damping Controller

As shown in Fig. 2, an under damped characteristic is
observable along each axis of the device. This lightly damped
property renders the system prone to vibrations due to external
disturbances and noise, which eventually deteriorate the sys-
tem scanning performance. To alleviate this, an inner control
loop controller (Cd ) is employed to augment damping to the
system for both axes

Cd (s) = 5s

s + 88 000
. (1)

The damping controller (Cd ) used here is a high-pass filter
that has only two parameters to tune and is implemented by
an analog circuit described in [30], [32], and [37]. In order
to keep the low-frequency gain of the system, the controller
is implemented in the feedback path. The stability of the
resulted damping loop is guaranteed according to negative
imaginary systems theory [38]. The frequency response of
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Fig. 3. Scanning pattern with cycloid trajectory in 5 μm × 10 μm scan area
at f = 10 Hz.

the device with the inner damping loop is then obtained and
compared with open loop as presented in Fig. 2. By using
the damping loop, the resonant peaks are eliminated, and the
−3 dB bandwidth of the device is consequently increased to
about 4.6 kHz along both axes.

III. CYCLOID TRAJECTORY FOR

SEQUENTIAL IMAGING

To generate the cycloid pattern shown in Fig. 3, the lat-
eral axes of the scanner are forced to track the following
waveforms:

x(t) = αt + r sin(ωt), y(t) = r cos(ωt) (2)

where ω = 2π f , f is the scanning frequency, r is the
amplitude of sine wave, and α determines the slope of the
ramp signal in the x-axis. Here, α is related to the pitch (P)
through

α = P f. (3)

The pitch in cycloid trajectory can be defined as the hori-
zontal distance between two adjacent traverse lines, which is
constant throughout the scan. By selecting a desired value for
the pitch, the number of circles (N) required to travel through
the scan area in a 2r × 4r window is obtained as

N = Round

�
2r

P
+ 1

2

�
(4)

where N is rounded to the nearest integer. The scan
time (Tscan) for capturing an image with a cycloid pattern is
determined by

Tscan = (N + 1)

f
. (5)

A comparison is now performed between cycloid, Lissajous,
CAV spiral, and raster scanning methods in terms of their
scan frequency and maximum tip velocity for fixed scan area,
resolution, and scanning time as 44.63 (μm)2, 39.2 nm, and
50 msec, respectively. The scan area is what would be covered
by the cycloid pattern over a 5 μm × 10 μm window.

TABLE I

SCAN FREQUENCY AND MAXIMUM TIP VELOCITY FOR CYCLOID,
LISSAJOUS, CAV SPIRAL, AND RASTER METHODS

CONSIDERING FIXED SCAN AREA, RESOLUTION,
AND SCAN TIME

Considering the reference signals in (2) and v = �
ẋ2 + ẏ2

as the tip velocity, the absolute maximum velocity in cycloid
pattern is obtained as

Cycloid : vmax = α + rω. (6)

The maximum tip velocity in Lissajous [8], CAV spiral [15],
and raster [39] trajectories are

Lissajous : vmax =
�

A2
xω

2
x + A2

yω
2
y (7a)

CAV spiral : vmax = 2πr2
f

PTscan
(7b)

Raster : v = 2 fraster × 4r (7c)

where Ax = 5 μm, Ay = 2.23 μm, and r f = 3.77 μm
are specified from the scan area. The maximum tip velocity
and the scan frequency related to each pattern are reported
in Table I.

As given in Table I, to perform raster scanning with the
same scan parameters as in cycloid, fast axis of the nanopo-
sitioner needs to follow a triangular signal at 2277 Hz. This
requires a very fast nanopositioner, e.g., at least 20 kHz if
the first four odd harmonics of the scan frequency are to
be tracked [6]. Furthermore, we observe that the maximum
tip velocity with a Lissajous pattern is far larger than the
cycloid. Hence, operating the AFM with a Lissajous pattern
requires a higher bandwidth z-axis nanopositioner. In CAV
spiral, the tip velocity is maximum at the image periphery
and it is approximately equal to that of the raster scan with
the same imaging area.

A. Sequential Imaging

A conventional approach to obtain sequential imaging is
superimposing a sinusoidal signal on a slow periodic triangular
wave to construct the reference along each axis. We applied
this reference to the x-axis, causing the nanopositoner to move
back and forth along one side of the frame window capturing
multiple frames. To evaluate the tracking performance of
the MEMS nanoposoitioner during the sequential imaging,
we take advantage of the estimated model of the damped
system and the controller discussed in detail in Section IV.
To achieve high frame rates, i.e., 20 fps, the scan frequency
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Fig. 4. Simulated tracking performance with triangular signal considering
5 μm × 10 μm scan area at f = 2580 Hz.

Fig. 5. Simulated tracking performance with trapezoidal signal considering
5 μm × 10 μm scan area at f = 2580 Hz.

is fixed at f = 2580 Hz while the scan area is set to
5 μm × 10 μm with a pitch of 39.2 nm. The frequency of
slow triangular wave is 10 Hz.

Fig. 4 shows the reference signal for the x-axis and the
simulated tracking error. We observe that the steady-state
tracking error is zero owing to the tracking controller. How-
ever, the peak of transient error is 62 nm which is larger
than the pitch. This makes some scan lines deviate from
the reference pattern. As noted in Section IV-B, the system
features a limited bandwidth with the combined damping and
tracking controllers. Moreover, the dynamics of the x-axis
closed-loop system shows a slightly under-damped behavior
around 300 Hz due to the double integrator in the controller.
Both these matters lead to an increase in tracking error at the
sharp turning points. To address this issue, we shape the trian-
gular signal in the time domain to obtain a trapezoidal signal
with flat time-invariant sections and smoother discontinuous
corners. In order to keep the frame rate as in the triangular
case, we increase α in (2) to accomplish full-range scanning.
Hence, the pitch in trapezoidal case is 43.2 nm, i.e., 10.28%
larger. Fig. 5 depicts the reference along the x-axis with the
trapezoidal signal and the simulated tracking error. Here, the
error peak is reduced to 34.5 nm which is 44.35% smaller

Fig. 6. Periodic triangular reference, r(t), along with the optimal
trajectory, y(t).

Fig. 7. Simulated tracking performance with optimal trajectory considering
5 μm × 10 μm scan area at f = 2580 Hz.

than the previous case. Although the error peak is less than
the pitch value, some artifacts will appear in the image
because in-plane displacement diverges from the reference.
To decrease the peak of tracking error such that it becomes
negligible compared to the pitch, we take advantage of the
method described in [40] to further smoothen the sharp turning
points. Considering a periodic triangular trajectory r(t), one
approach is based on keeping the linear range of the trajectory
unchanged while shaping the sharp discontinuities to obtain a
new smooth trajectory, y(t), as shown in Fig. 6. This can be
cast as a linearly constrained convex quadratic optimization
problem (8) to minimize a frequency-domain quadratic cost,
xT H x . That is,

y = arg min
x

x T H x

subject to xk = rk, k ∈ S (8)

where x, r ∈ IRN×1, and H ∈ IRN×N . We define S : {k | rk <
|β|rmax} as a set of sample indices for which the samples
of r(t) are within the linear range of triangular signal.
As shown in the Appendix, H is chosen to minimize the power
of r(t) beyond a certain harmonic and β is selected as 0.7 to
maintain the maximum scan range.

As depicted in Fig. 7, applying the optimal trajectory
instead of the triangular signal reduces the peak of tracking
error dramatically to 5.8 nm while keeping the steady-state
error zero. Consequently, we employ this trajectory in our
experiments to improve the tracking performance. Note that
as we keep the scan range and frame rate constant, there is a
12.77% increase in the pitch relative to the triangular case.
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Fig. 8. Block diagram of the control system for the x-axis. The same scheme
is used for the y-axis.

IV. INTERNAL-MODEL-BASED CONTROL FOR

SEQUENTIAL CYCLOID TRAJECTORY

In this section, we present the controller design procedure
to track a sequential cycloid trajectory. The objective is to
track the reference signal at a high scanning frequency; thus,
a linear controller with a minimum number of poles is desired.
Among different linear controllers, a conventional PID can
be a candidate. However, implementing the derivative term
in a feedback loop is problematic in the presence of sensor
readout noise. In addition, the PID scheme cannot track a
sine wave without leaving a sinusoidal error at the same
frequency, even though the magnitude of the error can be
minimized by tuning the PID gains. As a result, a controller
based on the internal model principle can be an alternative for
high-precision tracking. A superior advantage of this controller
is reducing the steady-state tracking error remarkably while
keeping the closed-loop bandwidth low [8] resulting in a very
low sensor noise footprint on the required position of the
scanner.

Here, controller design starts with the simplest form of the
controller, i.e., by including just the model of reference signals
in the tracking controller. In the next step, other modes are
added to the controller to improve the tracking performance in
presence of harmonic disturbances due to the nonlinear nature
of the piezoelectric actuators. We designed the controller for
a number of scan frequencies ranging from 500 to 2580 Hz.
The block diagram of the closed-loop x-axis system is shown
in Fig. 8. The same scheme is used to control the y-axis.

A. Initial Controllers

As pointed out earlier, the x-axis follows a sine wave
superimposed on an optimal triangular signal, while the stage
needs to just follow a cosine wave along the y-axis. Initially,
the controllers for each axis are designed for the fundamental
frequency of the sinusoidal signals as follows:

Cxi = Axi (s)

Bxi (s)
(9)

Cyi = Ayi (s)

Byi (s)
(10)

where Axi (s), Bxi (s), Ayi (s), and Byi (s) are the polynomials
defined as

Axi (s) = a4s4 + a3s3 + a2s2 + a1s + a0 (11)

Bxi (s) = s2(s2 + ω2) (12)

Ayi (s) = b2s2 + b1s + b0 (13)

Byi (s) = (s2 + ω2) (14)

where ω = 2π f , and f is the scan frequency. In order to
have more flexibility to assign the desired closed-loop poles,
the controllers are considered to be proper. This consequently
adds a proportional term to the controllers. Assuming the
following transfer functions for the damped system:

Gx = Nx (s)

Dx (s)
(15)

Gy = Ny(s)

Dy(s)
. (16)

The characteristic polynomial of the closed-loop system can
be obtained as

Ex(s) = Bxi (s)Dx (s) + Axi (s)Nx (s) (17)

Ey(s) = Byi (s)Dy(s) + Ayi (s)Ny(s). (18)

The coefficients of polynomials in (11)–(14) can be deter-
mined by the pole placement from the characteristic polyno-
mials on the left-hand side of (17) and (18) based on the
closed-loop poles. The desired closed-loop poles were selected
to achieve reasonably low settling times, and small closed-loop
bandwidths, while minimizing the peak in the steady-state
tracking error along the x-axis at the turning points. The
desired closed-loop system poles, as well as the closed-loop
gain and phase margins with this controller (at f = 2580 Hz)
are reported in Table II.

We next conduct an experiment to evaluate tracking per-
formance of sequential cycloid pattern at f = 2580 Hz.
Fig. 9(a) and (b) depicts the time domain and Fast Fourier
Transform (FFT) of steady-state tracking error along the
x- and y-axes. For the sake of clarity, the tracking error
for only six consecutive scans is depicted. The rms values
of tracking error are 21.4 and 5.6 nm in the x- and y-axes,
respectively. The actuation in the x-axis is composed of a high-
frequency sinusoid and a low-frequency optimal triangular
trajectory. In addition, the force can be practically a non-
linear (quadratic) function of actuation voltage even a linear
actuation mechanism is used [41]. Thus, the tracking error in
the x-axis, shown in Fig. 9(a), is a multiplication of the two
actuation reference signals and its large amplitude is due to the
dominant higher harmonic of the sinusoid, i.e., f = 5160 Hz
in the FFT of tracking error in Fig. 9(b). The tracking error
signal of the y-axis in Fig. 9(a) shows a pattern corresponding
to the low-frequency optimal triangular signal in the x-axis.
This pattern reveals the presence of cross coupling between
the two orthogonal axes and it is notable as low-frequency
harmonics in the frequency domain as in Fig. 9(b). In addition,
there are two other dominant components in the FFT of error
signals as depicted in Fig. 9(b). These components, observable
in both axes, are the second and third harmonics of the scan
frequency generated due to the system nonlinearities.

B. Final Controllers

If we consider the plant as a linear time-invariant sys-
tem, the resulting steady-state tracking error is zero just by
employing the initial controllers. However, the presence of
higher order harmonics indicates that the plant has some
nonlinearities. In addition, a slight level of cross coupling is
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Fig. 9. x- and y-axes tracking error with the initial controllers in (a) time domain and (b) FFT. Tracking error with the final controllers for the x- and
y-axes in (c) time domain and (d) FFT. For the sake of clarity, the y-axis range in FFT figures is adjusted to be equal, while the maximum amplitude in (b) is
about 10 nm. The scanning is performed in 5 μm × 10 μm area at f = 2580 Hz.

Fig. 10. Simulated frequency response of closed-loop system with the final
controllers at f = 2580 Hz.

also observed between the two orthogonal axes of motion.
To alleviate the first issue, we add pure imaginary poles at
the second and third harmonics of the scan frequency to the
controllers. In addition, an integrator can be incorporated in
the controllers to address the second problem. However, as the
x-axis controller already includes a double integrator to follow
the ramp signal, we just need to add a pole at the origin to the
y-axis controller to eliminate the error induced by the cross
coupling. The resulting controllers are

Cx f =
�8

	=0 a	s	

s2(s2 + ω2)(s2 + (2ω)2)(s2 + (3ω)2)
(19)

Cy f =
�7

	=0 a	s	

s(s2 + ω2)(s2 + (2ω)2)(s2 + (3ω)2)
. (20)

We select the desired poles to reject the dominant higher
harmonics of scan frequency. Table II tabulates the desired
closed-loop poles, gain, and phase margins for scan frequen-
cies ranging from 500 to 2580 Hz and the settling time of
step response within 2% of its final value. Fig. 10 shows the
simulated frequency response of the closed-loop system for
both axes.

We also repeat the tracking experiment with the final
controllers. Fig. 9(c) and (d) plots the x- and y-axes tracking
errors in the time and frequency domains. This controller
satisfactorily mitigates the effect of undesirable harmonics.
Moreover, the rms values of error for the x- and y-axes are
reduced to 6.1 and 4.3 nm, respectively. These low rms values
indicate that the tracking controllers effectively track the
reference signals. The rms value of the y-axis tracking error
remains below 4.4 nm by increasing the scanning frequency;
however, the error rms value along the x-axis increases from
4.6 nm at 500 Hz to 6.1 nm at 2580 Hz. This is most likely due
to the increase in the triangular signal frequency and tracking
error peaks at the turning points. In Fig. 9(d), we observe
that a number of small harmonics around those included in
the controller are amplified. These harmonics are inevitable
because the controller has undamped behavior around them.

C. Experiments

All experiments involved a digital signal processing system
(dSPACE MicroLabBox) operating at a sampling frequency
of 80 kHz. We performed sequential cycloid tracking with
triangular, trapezoidal, and optimal signals at scan frequencies
ranging from 500 to 2580 Hz in open loop, with a damping
controller, and finally in a closed loop with a combination
of damping and tracking controllers. The selected scan fre-
quencies correspond to the imaging frame rate of 3.8–20 fps.
Here, we report the experimental results for the highest frame
rate while tracking performance at other scan frequencies are
reported in Table II.

To investigate the improvement achieved with the tracking
controller, the tracking performance is compared with the open
loop and the damping loop cases. To have a fair compari-
son, the gain is adjusted to unity at the scan frequency of
2580 Hz. Setting the gain to unity for the x-axis, however,
is challenging since the reference signal includes both low- and
high-frequency components for which the plant has different
gains. Therefore, we only compare the tracking performance
for the y-axis as shown in Fig. 11. It is evident that the system
is unable to follow the reference signal accurately in open loop
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TABLE II

DESIRED CLOSED-LOOP POLES AT VARIOUS SCANNING FREQUENCIES, PHASE, AND GAIN MARGINS OF EACH CONTROLLER
AND THE SETTLING TIME OF THE CLOSED-LOOP STEP RESPONSE WITHIN 2% OF ITS FINAL VALUE

and with a damping controller. The large phase lag between
the actual trajectory and the sensor output signal in open loop
and damping loop is completely eliminated in the closed loop.
The rms values in open loop, damping loop, and closed loop
are 576.9,1850.0, 4.3 nm, respectively, proving a considerable
improvement in the tracking error which is achieved by using
closed-loop control scheme.

D. Cycloid Trajectory Tracking

As shown by the simulation results in Section III, super-
imposing the optimal signal in the x-axis reduces the sharp
peaks of tracking error remarkably. Here, we perform the
experiment in closed loop at the highest scan frequency,

i.e., f = 2580 Hz while applying the triangular, trapezoidal,
and optimal signal superimposed by the sinusoid in the
x-axis. The scanning time and frequency are fixed through-
out the experiment. The resulting x-axis tracking error is
depicted in Fig. 12. To visualize the deterministic error clearer,
we removed the high-frequency components by incorporating
a low-pass sixth-order Butterworth filter with cutoff frequency
of 1500 Hz. As shown in Fig. 12, using the conventional
triangular signal in the x-axis generates 66.5 nm peak in
the tracking error around the turning points which is reduced
to about 38.0 nm with the trapezoidal signal. Although the
discontinuities in the trapezoidal signal are smoother than
the triangular reference, the tracking error is still relatively
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Fig. 11. (a) Tracking performance of open loop, damping loop, and closed
loop along the y-axis in scanning a 5 μm × 10 μm area at f = 2580 Hz.
(b) y-axis tracking error in open loop, damping loop, and closed loop.

Fig. 12. x-axis tracking error of three successive frames at f = 2580 Hz
when a sinusoid is superimposed on (a) triangular, (b) trapezoidal, and (c)
optimal trajectory.

large at the turning points. In addition, as shown in Fig. 5,
the trapezoidal signal is flat for a certain period of time which
leads to repeated and redundant scan lines in specific parts of
the scan area. The use of the alternative optimal trajectory,
on the other hand, nearly eliminates the peak of tracking
error.

The cycloid scanning pattern and the actual trajectory at
f = 2580 Hz by incorporating the final controllers and
the optimal signal are depicted in Fig. 13(a). As shown
in Fig. 13(b), both controllers track the references in the
x- and y-axes very well and the profile of tracking error
explains the positioning accuracy of the nanopositioner.

V. AFM IMAGING

To obtain AFM images at video rate, the MEMS nanopo-
sitioner is used as a scanning stage in an AFMWorkshop
TT-AFM. Fig. 14 demonstrates the experimental setup includ-
ing the AFM, MEMS nanopositioner, and a custom-designed
printed circuit board. As the scan samples, the periodic
gold patterns on the scan table with the dimension of
4 μm × 4 μm × 0.5 μm are used. The scan area is 5 μm ×

Fig. 13. (a) Reference pattern and the actual tracking after implementing the
final controller designed at f = 2580 Hz. (b) Close-up views of tracking per-
formance at f = 2580 Hz along the x- and y-axes. (—- reference, —- actual
position, —- error).

Fig. 14. Experimental setup for AFM imaging.

10 μm and the scan frequency is f = 2580 Hz, while
the imaging data are recorded at the sampling rate of
1 MHz. 3-D images are constructed from the cantilever
deflection signal and xy-displacement provided by the piezore-
sistive sensors of the nanopositioner. Since the limited
bandwidth of the z-axis positioner in commercial AFMs
impedes high-speed scanning, we operated the system in
constant-height contact mode. The scanning is performed
by a contact-mode cantilever with a resonance frequency
of 27 kHz and a stiffness of approximately 0.32 N/m. The
stiffness of the cantilever is estimated based on its resonance
frequency and the given characteristics in the data sheet.
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Fig. 15. (a) 3-D AFM image of gold features. (b) 3-D AFM image of gold features after passing 12 consecutive frames. (c) Video frames (from top-left to
bottom-right) captured from 12 successive AFM images of slowly moving sample in constant-height contact mode. The scan area is 5 μm × 10 μm and the
video frame rate is 20 fps.

The 3-D topography of the gold features at two different
scanning intervals are depicted in Fig. 15(a) and (b). The imag-
ing was performed while the entire MEMS nanopositioner
was also slowly moved in the xy plane using the embedded
nanopositioner of the AFM. During this test, the slow move-
ment of the features beneath the AFM probe is observable due
to the video-rate imaging. The movement is accomplished by
implementing raster scanning with the built-in positioner of
the AFM at the lowest possible raster frequency, i.e., 0.6 Hz.
Fig. 15(c) shows a series of video frames at the frame rate of
20 fps achieved by the sinusoidal frequency of 2580 Hz. The
images demonstrate a good tracking performance. However,
we observe artifacts at the edge of gold features due to the
AFM cantilever vibrations as it undergoes a sharp transition in
features height. Operating the system in constant-force contact
mode will resolve this issue. However, the commercial AFM
used in these experiments cannot deliver the required high
z-axis bandwidth, limiting us to constant-height mode only.

VI. CONCLUSION

A sequential cycloid pattern is presented to acquire
video-rate AFM imaging. We implemented an internal-model-
based controller on a 2-DOF MEMS nanopositioner to achieve

high-performance tracking. The controller incorporates inter-
nal models of the reference signals plus a pair of pure
imaginary poles at the second and third harmonics of fun-
damental scan frequency to reject unwanted signals due to
the plant nonlinearities. The tracking error peak was reduced
remarkably by exploiting an optimization method to smoothen
the sharp corners in the triangular wave. The experimental
results revealed that the peak of tracking error is decreased
by 60 nm as a result of using the optimal trajectory. Finally,
we performed time-lapse AFM imaging at 20 fps by using
a MEMS nanopositioner within a TT-AFM and moving the
sample slowly.

APPENDIX

As discussed in [40], consider r as a vector of the samples
of a triangular signal r(t) at t = nTs over one period T

r =

⎡
⎢⎢⎢⎣

r0
r1
...

rN−1

⎤
⎥⎥⎥⎦ =

⎡
⎢⎢⎢⎣

r(0)
r(Ts)

...
r((N − 1)Ts)

⎤
⎥⎥⎥⎦ r ∈ IRN×1 (21)

where Ts is the sampling period and N is the number of sam-
ples in one period. From signal processing perspective [42],
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ck denotes the Fourier series coefficients of a periodic discrete
signal r as

ck = 1

N

N−1

n=0

rne− j n 2πk
N . (22)

Here, c can be written in a vector notation as

c = 1

N
Er (23)

where c ∈ IRN×1 and E ∈ IRN×N is

E =

⎡
⎢⎢⎢⎢⎢⎢⎣

1 1 1 . . . 1

1 e− j 2π1
N e− j2 2π1

N . . . e− j (N−1) 2π1
N

1 e− j 2π2
N e− j2 2π2

N . . . e− j (N−1) 2π2
N

...
...

...
. . .

...

1 e− j 2π(N−1)
N e− j2 2π(N−1)

N . . . e− j (N−1) 2π(N−1)
N

⎤
⎥⎥⎥⎥⎥⎥⎦

.

(24)

Using the Parseval’s identity, the power of r is

Pr =
N−1

k=0

|ck|2 = c∗c (25)

and by substituting (23) in (25), we have

Pr = 1

N2 r T E∗Er. (26)

By defining W as a window to select the Fourier coefficients at
which the power should be minimized, the frequency weighted
power is

PW
r = 1

N2 r T E∗W Er (27)

where W = diag(Q) and Q is

Q =

⎧⎪⎨
⎪⎩

0, k ∈ [0, 1, . . . , K ]
1, k ∈ [K + 1, . . . , N − K − 1]
0, k ∈ [N − K , . . . , N − 1]

(28)

where K denotes the harmonic beyond which the frequency
power is minimized. According to the Fourier series of a
triangle wave, the contribution of the first four odd harmonics
is more than the higher harmonics. Here, we select K as 9 to
keep dominant harmonics of signal. Consequently, the weight-
ing matrix H in (8) is obtained as

H = 1

N2 E∗W E . (29)
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